We investigate the relation between the star formation history and the evolution of the double-degenerate (DD) population in the thin disc of the Galaxy, which we assume to have formed 10 Gyr before the present. We introduce the use of star-formation contribution functions as a device for evaluating the birth rates, total number and merger rates of DDs. These contribution functions help to demonstrate the relation between star-formation history and the current DD population and, in particular, show how the numbers of different types of DD are sensitive to different epochs of star formation.
INTRODUCTION
We know little about the star formation (SF) history of the Milky Way disc. Of the few ways available to explore the SF history, studying the stellar age distribution by the observation of a sample of different types of stars and comparing observed and synthetic colour-magnitude diagrams would be the most favored approach. The simplest view of the SF history would be a single star burst taking place at the formation of the disc. Substantial evidence, how-ever, shows the disc has experienced a more complicated history, including repeated star bursts, an exponential declining SF or extended periods of enhanced SF (Majewski 1993; Rocha-Pinto et al. 2000) or some combination of all of these.
The present SF rate is better understood. Smith et al. (1978) concludes the SF rate in the Galaxy is perhaps 5 M⊙yr −1 , of which 74% take place in spiral arms, 13% in the interarm region, and 13% in the galactic center. Observations of Lyman continuum photons from O stars in giant H II regions give the SF rate in the disc to be 4.35 M⊙yr −1 . A SF rate ≈3.6 M⊙yr −1 was suggested by McKee (1989) from an analysis of thermal radio emission in HII regions around massive stars. The measurement of the mass of 26 Al in the Galaxy implies a SF rate ≈4 M⊙yr −1 . The derivation of the SF rate is strongly associated with the initial mass function (namely the distribution of the mass of the new-born stars) and the birth rate of core collapse supernovae (type Ib/c and type II).
Double degenerates (DDs) are a type of exotic binary consisting of two white dwarfs. As the evolved remnants of stars, the formation of close DDs requires their progenitors to have undergone a mass transfer stage, either common envelope or stable Roche lobe overflow phase. Ultra-compact DDs are especially interesting since not only can they be observed as active sources of electromagnetic radiation, e.g. AM Canum Venaticorum stars, (Cropper et al. 1998; Ramsay et al. 2005; Nelemans et al. 2004 ), but also the final products of DD evolution may include type Ia supernovae (Yungelson & Livio 2000) ). Theoretical results (Evans et al. 1987; Nelemans et al. 2001; Ruiter et al. 2010; Yu & Jeffery 2010) suggest that close DDs should also be significant sources of gravitational wave radiation, and be detectable by the space gravitational wave (GW) detector LISA (Laser Interferometer Space Antennae).
The census of DDs therefore is important because they allow us to test the endpoints of stellar evolution. We need to know the present-day numbers, birth rates, merger rates and galactic distribution of DDs, and also the distribution of their properties (i.e. mass, orbital separation, chemical abundance and age). To interpret these, we need to investigate how the history of star formation in the Galaxy affects the DD population. We can achieve this using a population synthesis approach.
In this paper, we study the correlation of the SF history and the evolution of DD population. It may help interpret the distribution of the physical properties of DDs as a function of the SF history. In §2, we describe the approach to simulate a population of the DDs in the thin disc and discuss the details of how a quasi-exponential declining SF rate influences the birth rate, merger rate and total number of DDs. In §3, we show the distributions of some important physical parameters of the DDs from different epochs of SF. In §4, we compare the impact of different SF models on the rates and numbers of DDs. We discuss the results for supernovae rates in different SF models in §5. Some points are discussed in §6 and conclusions are drawn in §7.
POPULATION SYNTHESIS OF THIN DISC DDS IN THE MONTE CARLO APPROACH
In this section, we describe the population synthesis method to obtain a sample of DDs comparable with current observations, and the structure of the thin disc in which the DD population is distributed. The individual stellar-evolution tracks were computed using the method described by Hurley et al. (2000 Hurley et al. ( , 2002 . Population synthesis was carried out using the method described by Yu & Jeffery (2010) in an initial study of the present Galactic DD population.
The star-formation contribution function
We define a time representing the age of the thin disc to be t, such that the disc formed at t = 0, and the current age of the thin disc is t disc . During the evolution of the thin disc, we assume that star formation takes place over an interval t = t sf (0 t sf t disc ) to t = t sf + δt sf . We simulate the evolution of all binaries formed during this interval by computing a sample (denoted by * ) of k primordial MS+MS (MS: main sequence) binaries with a total mass 
M *
1 . This gives a mean sample SF rate S * = M * /δt sf . δt sf is assumed to be small; thus all primordial MS+MS binaries formed during this interval evolve as though they formed at time t sf . The binary-star evolution tracks are computed as a function of t over the interval log(t/yr) = 7.4 − 10.13 with δ log t = 0.00867.
We then compute the contribution of star formation during the interval δt sf to the birth-rate, total number and merger-rate of DDs at time t = t disc (the present epoch). This interval is denoted by the quantity ∆ = t disc − t sf .
For a given age of the thin disc t disc , star formation in the thin disc runs from t sf = 0 to t disc . For convenience, we use δ log t sf = δ log t disc .
Two additional time variables are used to establish the stage of evolution of DDs in the sample. tMS represents the lifetime from birth of an individual binary system to the formation of a DD. tDD represents the lifetime from formation of a DD to its merger 2 . The birth-rate contribution is established by counting the number of DDs which form during the interval t disc to t disc + δt disc . These are stars for which
Normalising by the mean sample SF rate S * gives the fractional number δn * ,new(∆) of DDs born per unit mass of star's formed between t = t sf and t sf + δt sf . The merger-rate contribution is established in an analagous way. Counting stars for which
gives the fraction δn * ,mer(∆).
The total-number contribution δn * ,dd (∆) represents the fractional number of DDs in the sample which exist at time t disc . These stars are indentifed by t sf + tMS < t disc t sf + tMS + tDD. 
rate contribution function S * (t sf ) mean SF rate in the sample † All the values normalized by S * (t sf ).
These three quantities, let us call them star-formation number contribution functions δn * , comprising δn * ,new, δn * ,dd and δn * ,mer, may then be combined with a model for the star formation history of the thin disc S(t) to establish the total current birth-rate, merger rate and number of DDs.
From above, we have δn * (∆) to be the SF contribution at time t sf to the number per unit SF rate at time t sf , integrated over an interval δt sf . HenceĊ * = ∂n * /∂t sf ≈ δn * /δt sf is the sample contribution function per unit SF rate per unit time at time t sf .
To obtain total numbers in a real thin disc, we must multiply by the thin-disc SF rate to obtain the total contribution rates:
C also reflects the distribution of age of the DDs. For example, if the thin-disc SF rate is S(t), star formation at t sf = 0 will contribute δn * (t disc )/δt sf · S(0) DDs with age t disc ; star formation at t sf = 1 Gyr will contribute δnast(t disc − 1)/δt sf · S(1) DDs with age t disc − 1 Gyr, and so on. Since we know from Eq. 4 that star formation at time t sf contributesĊ(t disc − t sf ) DDs at thin disc age t disc , we define a rate contribution functionC
to be the contribution from star formation at t sf to the number rate at time t disc . The integral of the rate contribution function tells us the birth rate and the merger rate of DDs.
Birth rate, merger rate and total number of DDs
We define n(t) to be the total number of DDs at thin disc age t, where n may represent new-born nnew, merged nmer or existing n dd DDs. Star formation from t sf to t sf + δt sf will generateĊ · δt sf DDs with age t disc − t sf . Hence, the overall number of new-born, alive or merged DDs at t = t disc is
Then we are able to calculate the number rateṅ(t disc ) of DDs from the contribution functionĊ
whereṅ represents the birth rate ν or merger rate ζ. We will give the details of these functions in the present simulation in §2.4. Furthermore, since we know the overall rate of change in the number DDs ν(t) − ζ(t), we can also calculate the total number of DDs in the thin disc at time t disc (n dd (t disc )) by the integral
Consequently, we have two different methods to compute the current number of DDs in the thin disc. Eq. 6 represents the sum of contributions from each individual SF epoch to the total number by counting which DDs exist at the current epoch. Eq. 8 represents the integral of the birth-rate minus the merger-rate, or nett birth rate, over the entire SF history of the galaxy. The two methods should give the same result but, due to the limited grid in t sf , the evaluation of the sum in Eq. 6 gives slightly higher numbers than Eq. 8. In the present simulation with quasi-exponential SF rate, the differences are 1.57%, 0.98%, 0.51%, and 0.46% for He+He, CO+He, CO+CO, and ONeMg+X DDs, respectively.
We list the time variables, numbers (rates), contribution functions and their relation in the thin disc and our simulation in Table 1 .
Input to the Monte-Carlo simulation
The SF rate is assumed to be given by the quasi-exponential function where τ = 9 Gyr (Yu & Jeffery 2010) , which produces ≈ 3.5 M⊙yr −1 at the current epoch. This is consistent with Diehl et al. (2006) .
The contribution function for each starting epoch (t sf ) is obtained from a sample of primordial binaries. Each binary is defined by at least five initial parameters: primary mass Mp, mass-ratio q, orbital separation a, eccentricity e and metallicity Z. Primary masses Mp are distributed assuming a power law (Kroupa et al. 1993) for the initial mass function (IMF). This is constrained by the observation of the local luminosity function and stellar density of Wielen et al. (1983) and Popper (1980) . A flat distribution is adopted for mass-ratio (0 < q < 1) and eccentricity (0 < e < 1), since these are not well constrained by observation. The distribution of orbital separation a is assumed to be constant in logarithm for wide binaries and falls off smoothly at close separations (Han 1998) . We have assumed Z = 0.02 throughout. All other input parameters are as given by Yu & Jeffery (2010) .
The present population synthesis simulation started with a sample of 10 7 primordial MS+MS binaries, with total mass ≈ 1.05 × 10 7 M⊙, yielding a sample total of 4.93 × 10 4 DDs over all orbital periods of less than 100 yr during a sampling period of 15 Gyr.
In order to evaluate the computation of our DD sample, Fig. 1 shows (left) the orbital periods (log P orb /day) of each new-born DD against primary mass (Mp) in the progenitors and (right) the time tMS from binary-star formation to the birth of its descendant DD. We define DDs in this sample as unevolved DDs. This figure shows the relation of new-born DDs and their progenitors.
The contribution functions in the present simulation
In this section, we investigate how the present number of DDs and the number of new-born DDs depends on the star formation history of the thin disc by examining the contribution functions. We take the current age of the thin disc to be 10 Gyr. Star formation time t sf runs from 0 to 10 Gyr. Figures 2 and 3 illustrate the variation ofC (rate contributions to the present birth and merger rates) anḋ C (number contributions to the present numbers and total merged numbers) with t sf . Equivalently, the figures show us the age distribution of present new born, alive and merged DDs. Since the age of Figure 4. Birth rates ν(t) (left panel) and merger rates ζ(t) (left panel) and numbers n(t) (right panel) of different types of DD by integral of the corresponding birth and merger rates versus the age of the thin disc t disc . ν(t) and ζ(t) for each type of DD is shown in the same colour, but ζ(t) < ν(t). Black points are for the nett total birth rate (ν(t) − ζ(t)) and the total existing number of the DDs.
a DD is defined as t disc − t sf ( §2.3), the age distribution is obtained by transforming the x-scale to t disc − t sf . The top panels in Fig. 2 indicates that the present new-born He+He and CO+He DDs come mainly from early star formation t sf < 8 Gyr. This is not the case for CO+CO and ONeMg+X DDs. The top panels in Fig. 2 also show that the present new-born CO+CO and ONeMg+X come almost entirely from recent star formation; 8 < t sf < 10 Gyr.
This remarkable discrepancy is basically a result of tMS. Figure 1 (right panel) illustrates that a massive MS+MS binary generally takes less than a few Myr and 1 Gyr to form ONeMg+X and CO+CO DDs respectively, leading to their formation much more quickly than He+He and CO+He DDs. This also results in the birth rates of ONeMg+X and CO+CO increasing dramatically at an early stage of disc evolution. Only after some time do CO+He and He+He DDs emerge and do their birth rates grow to reach the present values shown in the left panel of Fig. 4 . Due to the quasiexponential SF rate, the birth rates of ONeMg+X and CO+CO DDs start to decline after reaching a peak value. The long tMS for single He white dwarfs also results in a small contribution of star formation from 0−7.5 Gyr to the number of new-born ONeMg+He DDs at the present. During the same period, there are no new-born CO+CO DDs. Figure 3 shows that the contribution of star formation to the present numbers (top panels) and total merged numbers (bottom panels) of all types of DDs decreases monotonically as a function of t sf . This is because most DDs from all epochs survive to the present time due to their wide orbital separations. The number of He+He DDs from each epoch decreases with t sf more sharply than for CO+CO DDs, although early star formation provides more He+He DDs than CO+CO DDs. A similar situation arises for CO+He and ONeMg+He DDs. This result is consistent with stellar evolution and the assumed SF rate.
The significance of computing the present number of DDs using Eq. 6, which represents the sum of DDs arising from different star-formation epochs, is that it demonstrates the link between the SF history of the galaxy (or, at least, the thin disc in the present investigation) and the distribution of the properties of present-day DDs, which can be deduced from, for example, their gravitational wave signal. Figure 4 shows the variation of ν, ζ and n dd (Eq. 6) of different types of DD with age t disc . The individual properties of the current n dd DDs will be used to calculate the gravitational wave signal (Yu & Jeffery 2011) .
The structure of the thin disc and the local density of DDs
The use of a realistic disc model is important in order to describe the distance distribution of white dwarf binary systems from the Sun. Sackett (1997) proposed a double exponential distribution. Phleps et al. (2000) derived three functions for the star density distribution in their model of a thin disc plus thick disc (exponential + exponential, hyperbolic secant + exponential, and squared hyperbolic secant + exponential, respectively) from fits to deep star counts carried out in the Calar Alto Deep Imaging Survey.
We here model the thin disc in the Galaxy using a squared hyperbolic secant plus exponential distribution expressed as:
where R and z are the natural cylindrical coordinates of the axisymmetric disc, hR = 2.5 kpc is the scale length of the disc, and hz = 0.352 kpc is the scale height of the thin disc. Mtn is the mass of the thin disc, which is determined by the star formation rate. We adopt the position of the Sun to be Rsun = 8.5 kpc, zsun = 16.5 pc (Freudenreich 1998). We neglect the age and mass dependence of the scale height. This thin-disc model is consistent with the model of Klypin et al. (2002) and Robin et al. (2003) , and also in agreement with Hipparcos results and the observed rotation curve. From the SF rate, the total mass of stars in the thin disc at age 10 Gyr is Mtn ≈ 5.2×10
10 M⊙. Combining the thin disc model and the mass of stars in the thin disc, the stellar density in the solar neighbourhood is 6.27 × 10 −2 M⊙pc −3 for the thin disc, These values are consistent with the Hipparcos result, (7.6 ± 1.5) × 10 −2 M⊙pc −3 (Creze et al. 1998 ) and the dynamical structure of the thin disc (Klypin et al. 2002; Robin et al. 2003) . The local density of DDs in the model is 1.98 × 10 −4 pc −3 . 
IMPACT OF STAR FORMATION ON THE DD POPULATION
The presence of unevolved DDs in Fig. 1 indicates the existence of a critical time when the first DD of each type was just born. For ONeMg+X, CO+CO, CO+He, and He+He DDs respectively, the times are 25 Myr, 50 Myr, 560 Myr, and 650 Myr. Figure 5 illustrates the contribution of different epochs of star formation to the present-day distribution of total mass and orbital periods of the DDs. We here distinguish the star formation for the current thin disc in six stages, which are (a) 0 t sf /Gyr < 6 , (b) 6 t sf /Gyr < 8 , (c) 8 t sf /Gyr < 9, (d) 9 t sf /Gyr < 9.4, (e) 9.4 t sf /Gyr < 9.95, and (f) 9.95 t sf /Gyr < 9.75, with the current disc age assumed to be 10 Gyr. We do not obtain any DD for star formation taking place after 9.975 Gyr. Figure 5 shows that the formation of very close compact binaries (log f > −2.5) is sensitive to star formation between 8 and 9.95 Gyr after the thin disc formed, which means that these DDs are most likely to be young. Their MS+MS progenitors formed between 50 Myr and 2000 Myr ago.
The total stellar mass formed during the time represented by each panel of Fig. 5 is 3 .62, 0.85, 0.38, 0.15, 0.19, and 0.0087 × 10 10 M⊙ (a to f). The current number of DDs in the thin disc derived from each star formation epoch in the figure is given in table 2. These numbers indicate that, for current He+He and CO+He DDs, a large number (93.8% and 87.8%) have ages greater than 4 Gyr, while only 71.9% and 67.8% of CO+CO and ONeMg+X have ages in the same range. A significant number (3.1% and 6.7%) of CO+CO and ONeMg+X DDs have been produced by the last 1 Gyr of star formation. The number of He+He and CO+He DDs from this period is negligible. However, Yu & Jeffery (2011) show that DDs with ages less than 2 Gyr would contribute substantially to the amplitude of the gravitational wave signal in several frequency bands.
According to the classification of the star formation stages and the critical time for the birth of DDs, we can see from Fig. 5 that the MS+MS progenitors of CO+CO DDs are formed before t sf ≈ 9.95 Gyr. The youngest CO+He DD has an age of about 560 Myr, but the majority of their MS progenitors formed >600 Myr ago. These results are consistent with stellar evolution calculations.
Note that in the stellar evolution model a fraction of ONeMg white dwarfs become neutron stars and stellar-mass black holes due to accretion-induced collapse. These do not form type Ia supernovae and are not otherwise considered in our results. 
COMPARISON OF DIFFERENT STAR FORMATION MODELS
We have simulated the present DD population with a quasiexponential declining SF rate. In order to see the influence on the DDs from different SF models, we have arbitrarily constructed another three simple SF models and calculated the birth rates, merger rates, and the number of DDs. In addition to the quasi-exponential SF model described above, these are : Instantaneous SF. A single star burst takes place only at the for- mation of the thin disc with S = Mtn/t0, 0 t disc t0, 0, t0 < t disc 10 Gyr. We take t0 = 391 Myr, so the resulting SF rate in this model is 132.9 M⊙ yr −1 on average from t sf = 0 to 391 Myr. There is no subsequent star formation.
Constant SF. A constant SF rate at an average rate of
Enhanced SF. An enhanced SF rate during t disc from 8 to 10 Gyr, S =    9, 0 t disc 1 Gyr, 4.4, 1 < t disc 8 Gyr, 6, 8 < t disc 10 Gyr.
(13) Each model produces a present stellar mass of 5.2 × 10 10 M⊙ in the thin disc with present age t disc = 10 Gyr in agreement with the dynamic mass of the thin disc (Klypin et al. 2002) .
Figures 6 and 7 show the star-formation contribution functionC * in our sample to the birth rates and merger rates of the DDs and the SF rate for each SF model. These two variables are needed to calculate the birth rates and merger rates in the thin disc in Eq. 7. The many small oscillations on the star-formation contribution functions in Fig. 6 (and Fig. 2 ) are due to the statistical noise of the Monte Carlo simulations.
Figures 8 to 11 show the birth rates (ν) and merger rates (ζ) of the four types of DD in the four models. We see that the instantaneous SF differs greatly from the other three models. As a result of the impact of a high SF rate at the formation of the thin disc, ν and ζ in the instantaneous SF model increase very sharply to reach a maximum value several times greater than in all other models. ν and ζ subsequently decrease slowly for the He+He DDs since they have a long tMS. In the cases of the other three types of DD in the instantaneous SF model, the decline of ν and ζ is faster than He+He DDs due to the shorter tMS. When t disc > 2.3 Gyr, roughly the longest tMS of CO+CO DD, there are no more new-born CO+CO DDs. ONeMg+X DDs show a reduction in ν and ζ, except for the ONeMg+He DDs which make a residual contribution to ν as the disc continue to evolve. Again, some oscillations are seen in the birth and merger rates in the instantaneous SF model. These are due to statistical noise from the contribution functions produced by the Monte Carlo simulations, and numerical noise from the quadrature of Eq. 7.
A big difference for ν and ζ in the other three models can also be seen from the figures. Enhanced SF causes the present ν and ζ of CO+CO and ONeMg+X DDs to be slightly higher than constant SF, while the quasi-exponential SF can produce a higher ν and ζ of CO+CO and ONeMg+X DDs than enhanced SF when t disc < 4 Gyr. When t disc > 4 Gyr, we find ν and ζ of CO+CO and ONeMg+X DDs decrease dramatically in the quasi-exponential SF model, while the values of ν and ζ in the constant SF model remain almost constant and higher than the ν and ζ in the quasi-exponential SF model, up to t disc = 10 Gyr. The significant decreases and increases of the values of ν and ζ of CO+CO and ONeMg+X DDs in the enhanced SF model are the response of these variables to sudden changes in the SF rate. The present values of ν and ζ are similar because we adopt a similar value of the average SF rate at the present age of the thin disc in these three models.
The present number and the total merger number of different types of DDs are shown in Figs. 12 to 15 . A similar evolutionary history of the numbers for various types of DD is generated by the continuous SF models since the average values of the SF rate are similar in these SF models. The instantaneous SF model produces a slightly higher present numbers of DDs than the other three SF models, and has a distinctly different evolution.
A delay time, which represents the time from when the first DD was born to when the first DD merged, can certainly be found in each model if we compare the left panel and the right panel in each figure. The delay time can not be less than the shortest life time tDD of a DD, and is affected significantly by stellar evolution models and population synthesis parameters (e.g. the IMF). Since we use the same stellar evolution model and population synthesis parameters for each single epoch of the SF in our simulations, the delay time is a constant for each SF model. We list the delay time for different types of DD in Table 6 . Fig. 12 for ONeMg+X DDs. 
SUPERNOVAE
We have been concerned about the details of birth rate and number of DDs in the present simulation. However, we suggest that Eq. 7 (to calculate the birth rate) and Eq. 6 and 8 (to calculate the number) are valid for almost any type of star. The only thing required is to determine the corresponding contribution of each SF epoch to the numbers of the stars in question with respect to the variation of the SF (i.e. t sf ). In terms of the determination of the contribution, it is important to determine all possible formation channels. Otherwise we should specify that the birth rate or number correspond to a specific formation channel. We would like to take two important examples, type Ia supernovae (SNIa) and core collapse supernovae (ccSN, including type Ib/Ic and type II). Previous studies (e.g. Iben & Tutukov (1984) ; Tutukov et al. (1992) ; Iben & Tutukov (1997) ; Yungelson & Livio (1998 ; Dahlen et al. (2004) ) indicate that mergers of DDs with a total mass exceeding the Chandrasekhar mass limit (M ch ) would be one formation channel to produce SNIa. We here investigate the birth rate of SNIa from the mergers of DDs, and we constrain the progenitors to be those DDs with total mass > M ch = 1.38 M⊙ which can merge in the time t disc to t disc + δt disc . The birth rates of SNIa for the four SF models are shown in the left panel in Fig. 16 , and the rate contribution function from each single epoch in the four models is shown in the right panel in the same figure. The calculation of the rate contribution function is from the number of DDs satisfying the conditions to become SNIa in our simulation. Note that the curve in the right panel is also the age distribution of SNIa, taking into account the SF rate in the thin disc. This figure indicates that both old and young DDs contribute to the present SNIa rates.
From the left panel, we see that the birth rate of SNIa from the instantaneous SF model reaches its maximum value very quickly with the evolution of the thin disc. The maximum value is significantly higher than that in another three SF models since the initial SF rate in the instantaneous SF model is more than ∼30 times that in other SF models. The enhanced SF model produces the highest present rate of SNIa in the four SF models. This is because the present SF contributes the majority of mergers. Again, from stantaneous, constant, enhanced, and quasi-exponential SF models respectively. We have to emphasize that we here only take into account the merger channel for the rate of thin-disc SNIa. This leads to our results being less than the occurrence rate inferred from observations, ∼ 4 × 10 −3 yr −1 (Cappellaro et al. 1997) , as a few other formation channels would contribute to the observed occurrence rate (Yungelson & Livio 2000; Han & Podsiadlowski 2004; Hachisu et al. 2008) .
We note that the occurrence (or birth) rate of SNIa at t disc = 10 Gyr in our simulations is smaller than in some other recent theoretical studies (e.g. Ruiter et al. (2009); Mennekens et al. (2010) ) by a factor of 1.5 − 4. Since all these studies (including ours) adopt the same IMF for the primary main sequence stars, the same flat distribution for initial mass ratio, and the same initial eccentricity distribution, we infer that the differences between our study and others are mainly caused by the initial distribution of orbital separations and by the treatment of mass transfer and mass loss during binary evolution.
Both Ruiter et al. (2009) R⊙. This may lead to the generation of more close DDs in their models than our model. For common-envelope ejection, we adopt the γ-algorithm (Nelemans & Tout 2005 ) and fix γ = 1.5. Other studies use the α-algorithm (Webbink 1984) . Increasing the common-envelope ejection efficiency (for example, inreasing αλ = 0.5 → 1.0) results in more binaries going through a double common-envelope phase to become close DDs, and hence forming potential SNIa progenitors. A close comparison between the studies implies that the commonenvelope ejection efficiency is lower in our calculation than in others. In the most extreme case, the Yungelson (2010) SNIa birth rate from the DD merger channel is higher than ours by a factor of ∼10 because they adopted a very high common-envelope ejection efficiency (αλ = 2.0) and a higher SF rate (∼8 M⊙yr −1 ). A significant difference between the studies concerns the star-formation history for early-type (elliptical) galaxies. Both Ruiter et al. (2009) and Mennekens et al. (2010) approximate "instantaneous star formation" by a δ-function star-burst. Our approximation of "instantaneous SF" assumes that the initial star-burst lasted a few million years at a constant rate. This leads to the peak value of the SNIa rate occurring rather later in our models than in the studies in Ruiter et al. (2009) and Mennekens et al. (2010) . However, none of these approximations may reflect the true SF history of early-type galaxies; recent studies indicate that bright early-type galaxies show signs of current star formation (Yi et al. 2005) and, by inferrence, may have experienced intermittent starburst episodes.
The case of ccSN is easier than that of SNIa. Their progenitors, main sequence stars with mass approximately greater than 8 M⊙, evolve very quickly on a timescale 20 Myr. This is even shorter than the tMS of ONeMg+X (see Fig. 1 ), so all the newborn ccSN results from SF after a few tens Myr (see criterion in §2.3). Then the SF rate can be regarded as a constant S(t disc ). From Eq. 7, we have the birth rate of the supernovae SN R(
where NccSN is the number of stars going supernova in a calculation of a sample of main sequence stars, m total represents the total mass of the sample , and t disc = 10 Gyr.
Using the same parameters as in the simulation in this paper, we obtain NccSN/m total ≈ 4.5 × 10
⊙ and so SN R(10) ≈ Our simulation is based only on theory with some simple assumptions. The final outputs, the rates and numbers, are derived from two key inputs which are the SF rate and the contribution functions for the evolved stars. On the other hand, if we know the rates and numbers of objects in a galaxy, especially some types of exotic stars, we are able to do a deconvolution by setting the observed rate as an input parameter to derive the SF rate at specific epochs. In fact, this method is used to obtain the current SF rate via the observation of supernovae (Heger et al. 2003; Diehl et al. 2006 ) and a global SF rate by observations of late type main sequence stars (Rocha-Pinto et al. 2000) . The contribution functions provide an important link between SF history and the diverse stellar components in different galaxies, since they reflect the sensitivity of a group of the same type of stars to the SF history of a galaxy. The time grid δt sf (or δt disc ) can cause some uncertainties. For the quasi-exponential declining SF rate, another computation with a low-resolution time grid of δt sf = 0.026 results in positive deviations from the high resolution time grid (δt sf = 0.00867) of 1.03%, 0.82%, 0.04% and 0.21% for the birth rates of He+He, CO+He, CO+CO and ONeMg+X DDs respectively; the deviations of the numbers are 3.97%, 2.53%, 1.13% and 0.87% for the different types of DDs. In the new grid, the deviations of the numbers calculated from Eq. 6 compared with Eq. 8 are 4.7%, 2.8%, 1.5% and 1.4% for each type of DD. The time error for different stellar evolution phase in our simulation is less than 4.2%.
CONCLUSION
In this paper we have investigated the relation between the evolution of birth rates, merger rates and numbers of different types of DD and the SF history in the thin disc of the Milky Way Galaxy. By analysing how a quasi-exponentially declining SF rate influences the rates and observed numbers of DDs with respect to the evolution of the disc and SF, we find that SF between 0 and ∼8 Gyr dominates the present rates and total numbers of He+He DDs and CO+He DDs. Similarly, the current numbers of CO+CO and ONeMg+X DDs mainly come from early SF, although the later SF (e.g. 4 to 8 Gy) contributes more CO+CO than it does for He+He which are the two largest DD population in the thin disc.
However, the present birth and merger rates of CO+CO and ONeMg+X DDs are strongly governed by the recent star formation (i.e. 8 to 9.95 Gyr). SF before ≈7.5 Gyr does not contribute to the present birth rates of CO+CO ang ONeMg+X DDs, but it has some contribution to the merger rates. More importantly, with the SF history related population synthesis approach in this paper, not only are we able to determine the rates and numbers of DDs, but we can also obtain the distributions of properties of current DD population from different stages of SF.
We have compared the impact of different SF models, namely the instantaneous, the constant, the enhanced, and the quasiexponential SF, on the rates and numbers of DDs and the rates of two types of supernovae. The evolution tracks of the rates and numbers from the four models are quite different. A distinct difference can be found between the instantaneous model and the other three continuous SF models. This model gives historical rates and numbers obviously higher than the other three models. However, the present rates of DDs from this model are apparently lower than the other three models.
In addition to the DDs, we have calculated the rates of SNIa and ccSN. The evolution of the rates of SNIa is basically similar in the four SF models, but the instantaneous model can produce a higher rate in the past because of the very high SF rate at the formation of the thin disc. The present rates of SNIa are 2.19, 4.92, 5.07, and 4.34 ×10 −4 yr −1 for the instantaneous, the constant, the enhanced, and the quasi-exponential SF models respectively. The rates of ccSN from all four SF models, ≈1.5 to 3 century −1 , are consistent with the observations.
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